APXH 1HY YEAIAAY - " HMEPHZXIQN

NMANEAAAAIKEZ EZETAZEIZ
" TAZHZ HMEPHZIOY N'ENIKOY AYKEIOY
KAI EMNAA (OMAAA BY)
AEYTEPA 20 MAIOY 2013 - EEETAZOMENO MAGHMA:
MAOHMATIKA KAI ZTOIXEIA ZTATIZTIKHZ FENIKHZ MNMAIAEIAZ
2ZYNOAO ZEAIAQN: MNMENTE (5)

OEMA A

A1l.

A2.

A3.

A4.

Na atmodeifete 0TI n Mapdywyog TNG TAUTOTIKAG aguvdapTtnong f(X)=x eivail
f'(x)=1, yia kaBe xeR
Movadeg 7

‘EoTw pia ouvdptnon f pe medio opiopol A. Mote Aépe 611 n cuvapTnon

f Tmapouoidder Tomiké eAAXIOTO OTO X, € A;
Movadeg 4
Na dwoeTe TOV OpIOPO TNG dlapéoou (O) evdg deiyuaTog v TTAPATNPACEWV.
Movadeg 4

Na xapaktnpioeTe 1IC TPOTAOEIS TTOU akoAouBouyv, ypdgovrag oTo TeTpadio oag, ditTAa
OTO ypauua TToU QvTIOTOIXEl 0 KGBe mporaon, 1n Aéén Zworo, av n mporacn &ivai
owarn, n Aa@og, av n mpdoraon ivar Aavlaouévn.

a) Ta Tt ouvaptnon f(x) :1, x # 0 1ox0el om f'(x) :iz (Movadeg 2)
X X

B) Tia 10 yivopevo dU0 TTapaywyiolgwy cuvaptAcewyv T, g 1oxlel 611

(FO) 909) =F'(x) g(x)+f(x) g'(x)
(Movadeg 2)

Y) To paBddéypauua XpnoIPJOTOIEITAI yIA Tn ypa@Ikh TTapdotacn Twv

TIMWV PIAG TTOOOTIKAG METABANTAG. (Movadeg 2)

8) H didpeocog civalr éva pétpo Béong, 10 oToio emnpedleTal amd TIg
aKpPAieg TTapaTNPAOEIG. (Movadeg 2)

€) Tia dUo evdexdueva A kot B evdg deiypatikol xwpou Q pe AcCB,
ioxuer 611 P(A) > P(B) (uovadeg 2)

Movadeg 10

TEAOX 1H> AIIO 5 ZEAIAEX




APXH 2H> SEAIAAS - I" HMEPHYION

©OEMA B
AiveTal o OEIYHATIKOG XWPOG Q:{co1,c02,oo3,oo4} Kal Ta evdexopeva
A={o,0,} «xa B={o,0,}

Fla TIg MBaAVOTNTEG TWV ATTAWY eVEEXOPEVWY {o} Kal { @} Tou Q 1oxUEel OTI:

1. AXP+x+1-1
e Po)=——lim
! 2x>-1 x4+ x?

e H P(w,) tival ion pe 10 pubpd petaPoAng tng f(X) wg mpog x, 6TaAV X=1,
O6TToU

f(x)=§|nx, x>0

B1. Na amodeiete OTI P(oa1):% Kal P(co3):%

Movadeg 10

1

B2. Na amodeifete OTI gsP(A')s%, 6mou A’ TO CUUTTANPWHATIKG Tou A.

Movadeg 7

B3. Av P(A’):%, T6Te va Bpeite Tig MBavoTnTeg P(w,), P(o,), P[(A-B)u(B-A)]
kai P(A"-B’), 6mou B’ 1o cupmAnpwuartiké tou B.

Movadeg 8

OEMA '

OewpoUpe éva deiypa v TAPATNPHOEWY HIAG OUVEXOUC TTOCOTIKAG METABANTAC X,
TIC OTTOIEC OJADOTIOIOUUE OE 4 ICOTTAATEIC KAQOEIG.

AiveTal OTI:
e N MIKPOTEPN TTapaTthpnon eival 50
e N KEVTPIKA TIMA TNG TETAPTNG KAAONG gival X, =385

e N OXETIKN OuxvOoTnTa TNG TETAPTNG KAAONG eival OITTAAOIA TNG OXETIKAG
ouxvoTnTag TNG TPiTNG KAAONG

e 1n JdIAUECOC TWV TTAPATNPACEWYV Tou deiypatog gival d=75
Kal

e N MEON TINN TWV TTAPATNPNOEWYV TOU deiyuaTog ival X =74

TEAO> 2H> AIIO 5 >EAIAEY



APXH 3H> SEAIAAS - I" HMEPHYION

M. Na amodeifete 611 TO MAdTOC €ival ¢ =10
Movadeg 4
2. Na PJeTa@QépeTe OTO TETPADOIO OAG TOV TAPAKATW TrivaKa CUMTTANPWMHEVO
owaoTd
KeVvTpIKEG 2XETIKN
KAdoeig Tipég Zuyxvoertnta
X; f
[.-)
[.-)
[.-)
[.-)
2UVOoAO
Movadeg 8
r3. Aiverai6mn f,=01,f,=0,3 ,f,=0,2 ka1 f, =0,4
Na atmodeigete o611 n péon TIUA TWV TTAPATNPROEWYV, TIOU Eival
. . 200
MIKpOTEPEC TOU 80, gival =
Movadeg 7
r4. EmiAéyoupe K TTaApaATNPNOEIC TOU ApPXIKOU Odeiyyatog ME K<V, Ol OTIOIEG
aKoAouBouUv KAVOVIK] KATAVOMN ME
e T0 2,5% TWV TTAPATAPNOEWY AQUTWYV VA €ival TOUAAXIOTOV 74
e T0 16% TWV TTAPATNPNOEWY AUTWYV Va €ival TO TTOAU 68
Na Bpeite Tn MEON TIMA KAl TNV TUTTIKA ATTOKAION TWV TTAPATNPACEWYV AQUTWYV
KabBwg Kal va efeTdoeTe av To Oeiyya Twv TTAPATNPACEWV AUTWV Eival
OMOIOYEVEG.
Movadeg 6
OEMA A

O@ewpolpe Tn ouvdptnon f(x)=xInx+K, x>0, 6TTou K aképaiog pe K>1 kal Tnv
EQaTITOEVN (€) TNG ypa@ikAg mapdotaong Tng f oto onueio (1,f(1)), n omoia
oxnuaTilel ye Toug dfoveg, Tpiywvo eupadol E, ye E<2

A1.

Na atmmodeifete 0TI K =2

Movadeg 5
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A2.

A3.

A4.

APXH 4HY YEAIAAY - " HMEPHYIQN

Eotw X, X,, ..., X OI TeETUNMEVEG 50 onueiwv Tng (g) Twv OToOiWV Ol

QVTIOTOIXEG TETAYMEVEG TOUG €XOUV Péon TIUA §=31
a) Na amodeifete 611 X =30 (Movadeg 2)
B) MNa TiIg TETPNMEVEG TWV TTAPATTAVW ONUEIWYV BEwpPOUUE OTI :

KaBe pia ammd TIg TETUNUEVEG X, Xy, ..., X,p AUEAVETAI KATA 3, OI ETTOPEVEG
15 TeTPUNUEVEG TTapapévouv OTaBepEG Kal kKABe pia ammd TIG UTTOAOITTEG
ehatTwveTal Katd AeR pe A>0.

Na Bpeite TO A, WOTE N véa PEON TIPMA TWV TETPNUEVWY va gival ion pe 31
(uovadeg 4)

Movadeg 6
Av 1<0(<[3<\(<e ue a®-BP-y' =e’, 161e va Bpeite T0 €Upoc R Kal TN
e
Méon TN Twyv TIHWV f(a),f(B), f(y),f(e), f’(l), otrou f(x)=xInx+2
e
Movadeg 7
@ewpoUue TOV OEIYMATIKO XWPO

Q:{tn, n=123,...,30: 0<t, <t, <...<t, <1<t11 <..<ty =1}
e

ME 100TTiBava atTrAd evoexOpeva, KABWGS Kal Ta eVOEXOUEVA

A={teQ: n epamTopévn TNG YPAQIKAG TTapdoTtaong Tng f oto onueio
(t.f(t)), va oxnpariger pe Tov dgova x'x ogeia ywvia },

B={teQ: f(t)>f’(t)+1},

omrou f(t)=tint+2

Na BpeBouv o1 TIBavOTNTEG:

a) va paydatotroinBei To evdexouevo A (uovadeg 3)

B) va TpayuaTtotroin@ouv ouyXpovwg Ta evoexopeva A kal B (povadeg 4)
Movadeg 7
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o O h

APXH S5HY YEAIAAY - TP HMEPH>IQN
OAHTIIEZ (yia Touc e€sTalopévouc)

270 eEWQUAAO Tou TeTpadiou va ypdwete 1O eeTaldpevo padONUa. Z10
ECWQUAAO TTAVW-TTAVW VA CUPTTIANPWOETE TA ATOUIKA OTOIXEIA gadnTr. Z1NnV
apYnN TWV ATMOVTIACEWY 0a¢ va ypAaweTe TTAVW-TTAVW TNV nUEPOMNVIA Kal TO
eCetalduevo pabnua. Na pnv avriypdweTe Ta BEpaTa OoTO TETPADIO KAl VO
MNV YPAWETE TTOUBEVA OTIGC ATTAVTHOEIG 0AG TO OVOud OagG.

Na ypAWeTE TO OVOMATETTWVUPO O0OG OTO TTAVW HEPOG TWV QWTOAVTIYPAPWYV
auéowg PMOAIG oag TTapadoBouv. TuxOov oNUEIWOEIC 0O TTAVW OTa BépaTta dev
8a BaBuoAoynBouv og kapia mepimTwon. Katd Ttnv amoxwpnorn oag va
TapadWoeTe Yadi e TO TETPADIO KAl TA QWTOAVTiypaQQA.

Na atravTioeTe 010 TETPAdIO oag g¢ OAa Ta Béyata HOvo pe PTTAE 1] pévo
ME HAUPO OTUAOG pe peAAvVI TTou dev ofBrivel. MoAuBI emiTpémeTal, yévo av 10
{ntdel n ekpwvnon, kal MONO yia TTivakeg, dlaypaupaTa KATT..

K&Be amrdvinon €mMICTNUOVIKA TEKUNPIWPEVN Eival ATTOOEKTH.

Aldpkela e¢€taong: Tpelg (3) WpPeG PETA TN SIAVOMPN TWV QWTOAVTIYPAQWV.
Xpévog duvaTtng ammoxwpnong: 10.30 ..

KAAH ENITYXIA

TEAOZ MHNYMATOZ
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